JIEKIIN A 3
Teopema o Henpo/iozKaeMoM perieHun 3agauu Komm
JJIs HEAaBTOHOMHOT'O ypPaBHEHUS

C OrpaHHUY€HHO JII/IHIHI/IH-HEHpeprBHOﬁ HpaBOﬁ 9acCTbIO

B mannoii ekiun O6y1eT joKa3aHa TeopeMa O CyIeCTBOBAHUH, € TMHCTBEHHOCTH U CBOICTBE HEIIPO-

JIOJIZKAEMOCTH perrernst abcTpakTHoro jud depernuaibHoro ypasuenus y' = A(t, y).
§ 7. Teopema o Henmpo/io/i2kaeMoM penieHnu 3aga9u Komm

Ilycte B — 6amHaxoBO IPOCTPAHCTBO ¢ HOpMOit ||.||. Paccmorpum rakzke Merpudeckoe mpocTpan-

ctBo R, X B ¢ paccrosinuem

p((t1, 1), (b2, 92)) = max(|ty — taf, Iy — w2|)). (1)

[IycTh oTobpazkenue
A(t,y) : Ry, x B— B

obasmaer cBoiictBamu (Ap) n (Ag):
(A1) ono HenpepbiBHO B cMbice MeTpukl (1)) (T. . «110 COBOKYIHOCTH epeMeHHbIX» );

(As) cymecTByer Takast (yHKITHs
p(t,s) :R2 = Ry,
oepanunennan na kaxrcdom npamoyzorvrure [0; 1] x [0; S] (1,5 > 0), aro
Vt > 0; V1, 22 € B [|A(t, 21) — A(t, 22) || < p(t, max([[za ], [|22]]) 21 — z]|-

Samevanue 1. Oyuxiun A(t,y), yaorerBopsiomue yciaouio (Ap) (Kak 9acTHbIA cirydail, oHI
MOTYT BOODIIE He 3aBUCETH OT 1), OyIeM HA3BIBATH 02PAHUYEHHO AUNUWUY-HENPEPbieHbiMmU. CMBICT
HA3BAHUS: OHU JIAIIIAI-HEIPEPBIBHLI B KaK/0il OMPAHUYEHHOIl 9acTu HpocTpaHcTBa B (Ipu 9TOM
KOHCTaHTa JIMIIHIa 3aBUCAT OT ¢ 1 OrpaHNYIeHa KOHEYHON BEJIMIHHOI, eC/In ¢ HM3MEHsIeTCs Ha Orpa-
HIYEHHOM MHOYKECTBE).

Cpasy ormernm, 9ro u3 (A;) BbITeKaeT cBOiicTBO (Aj3):

(As) dyukuus v(t) = ||A(t,0)|| (rme @ — myseBoit smemenT npocrpancTBa B) orpamnudena Ha
kak oM orpeske [0; 7). deitcrBurensro, B cuiy (A;) anciosas dyukuns ||A(t, 0)|| nenpepsisia mpu
Bcex t > 0.

Hanee, u3 (A2) n (As) ciemyer cBoiicTBO

(A4) cymecTByeT Takast QyHKITH

A, s) : RY = Ry,



oepanusennan na kaxrcdom npamoyzorvrure [0; 1] x [0;.S] (1,5 > 0), aro
Vit > 0;Vz € B ||A(t 2)|| < A, ||2]))-
JeiicTBUTEBHO, TMeeM
[A( )| < NAE O+ |AGE, 2) — AL O)|| < w(t) + pl, 1zIDII=]] = A, [I2]])
(. e. A(t,s) = v(t) + spu(s)), npuaém

sup A(t,s) < sup v(t)+ S sup u(t,s).
te[0;7T) Le[0;T t € [0;7T)
s € [0; 5] s € [0; 5]

JToKazkeM Terephb OJHY TIPOCTYIO, HO BasKHYIO JIEMMY.

JIemma 1. Ilycrs y(t) € C([a;b], B), [a;b] C Ry. Torna caoxuas dynkus f(t) = A(t, y(t)) (rue
A — BBegiénHOE Bbie oTobpazkenue) uenpepbieaa: f(t) € C([a;b], B).

Jlokasamenvcmeo. 3amernm, 1to otobpazxkenue F : t — (t,y(t)), neiicrBytomiee u3 [a;b] B Ry x B

¢ merpuxoit (1)), menpepeiero. B camom gene, mpu ¢ — to mveen ||y(¢) —y(to)|| — 0 1, coenosarensho,
max(|t —tol, ||ly(t) —y(to)||) = 0 mpm t — .
Ho rorpa dyukiust f(t) HenpepblBHA KaK KOMIIO3UIUS HEIPEPBIBHBIX OTOOPasKeHM
E (1 y(0) ¥ Al (D)),

(Mer Bociosib3oBasich coiicteoM (Ap).) A

Paccmorpum Teneps B ipoctpanctse B abcmparmuyro 3adavy Kowu

{y®=A@w,t>m 2
y(0) = yoo; Yoo € B.

Hapsamy c¢ meit paccmorpum 3a1a41y Ko ¢ HagajibHBIM YCJIOBHEM B IIPOU3BOJILHBINT MOMEHT Bpe-

MmeHu ty = 0:

{yszmw,t>m; )

y(to) =yo; Yo € B, to =0,
Owuesnyno, ([2) — gacTHblil ciydait .

Onpenenenue 1. I[lycts
T =1[te;T), to<T <400, wm T =][t;T], to<T <+c0.
Pewenuem sadavwu Kowu (3) na npomesrcymre T GyjeM HA3bIBATh BCAKYIO aOCTPAKTHYIO (DYHKITHIO
y(t) € CH(T, B),
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VJIOBJIETBOPSIIOIILY O

1) magasbHOMY yesoBuio y(ty) = Yo;

2) nmpu kaxkgoM t € T ypasuenuto y'(t) = A(t, y(t)), e nuddepeHnupoBanne MIOHUMAETCSA B CMBICIIE
CUJIBHO#T TPOU3BOJIHOM B IPOCTPAHCTBE B, NPUYEM B IDAHUIHBIX TOUKAX IIPOMEXKYTKA 7, IIPUHA I/Ie-
JKAIUX €My, OIPa3yMeBaeTCsl OJIHOCTOPOHHSS IPOU3BO/HASL.

Bamevanue 2. Ecrm z(t) — pemenue 3amaun Ko (2)) ma npomexxyrke 7 = [0, T] (mm T = [0, 7)),
To orpannienne Gyukiwn z(t) Ha mo6oit npomexxyTok T; = [tg,t1] C T (wmm Ty = [to,t1) C T) ecrb
pemenue 3aaqu Ko (3) ¢ yo = 2(ty) ma npomexyrtke Tq. (OdueBummo. )

Omnpenenenne 2. Pemenue y,(t) € C'(T1, B) sanaun Komu (2) ma npomexyrke T; Gyjaem Ha-
3BIBATD HENPOJOAICAEMDLM, €CITU HE CylecTByeT pemtenus ys(t) € C'(T, B) na npomexkyTke Ty Toil
JKE 381440, Y/IOBJIETBOPSIIOIIETO YCJIOBUSIM
1) T2 2 T
2) Vt € Ty ya(t) = yi(2).

Hawm norpebyercst psiji IpejiBapUTEIbHBIX PE3YJIbTATOB.

Paccmorpum uHTErpasibHoe ypasHeHue Bosibreppa

¢
W) =+ [ Aty dr @
0

Omnpepenenne 3. Pewenuem urmezpasvhozo ypasnenus (A) na npomescymee [to, to+T) HazsoBém

dbyHKIIMO

y(t) € C([to,to + T); B), (5)
VJIOBJIETBODSIIOIILY IO TIPU KaXKJIOM t € [tg, Lo+ T'] ypasaenuto (4)), rje nHTErpas HOHUMAETCA B CMBICJIE
Pumana (cM. jekrmio 1).

Bameuwanue 3. Kak caemyer usz nemmbr 1, npu yenosuu (B)) mveem A(t, y(t)) € C([to, to + T, B),
a 1109TOMY B CHJIy pe3ysbTaroB jekiuu 1 uarerpa B (4) cymecrsyer npu Beex t € [to, to + 7.

JIemma 2. [Tt Beex T > () 9KBUBAJEHTHBI CJIEJYIOIHE YTBEPK ICHUS:

(diff) y(t) € C'([to, to + T], B) u y(t) — pemenue 3anaun Ko (3)) na npomexyrke [to, to + T;

(int) y(t) € C([to,to + 1], B) u y(t) — permenue unrerpajaproro ypasuenus () na mpomexyt-
Ke [to, to + 1.

Jokazamenncmeo.

1) (diff) = (int). Ouesumuo, C'([to, to + T, B) C C([to,to + T], B). danee, npaBas 4acTh ypas-
nennst y'(t) = A(t,y(t)) HenpepsiBHa (TOCKOILKY HempepbiBHA ' (1)), a mosromy upu Beex t € [0; 7]

CYIIECTBYET UHTEIPAJT
t
[ Ay an ©)
to

Unrerpupyst obe uactu ypasuenus y'(t) = A(t,y(t)) or ty mo t, B cuiny dopmynsl Hboorona—

Jleitbuuma (em. sexiwio 1) 1 HagaabHOro yeaoBus y(ty) = yo MOTyIaeM:

WG%@+ﬂy®—m=/Ahwmm,

to
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9TO U TPebOBAJIOCE.

2) (int) = (diff). B cury siemmst |1] u menipepbiBHOCTH byHKINE (1) TOABIHTErpaIbHAsT (DYHK-
mus B ({4)) menpepoieaa, a mostomy unrerpan () mpu Beex ¢ € [to,to + 7] cymecTsyer u gomycka-
er muddepennupoBanne 1Mo BepxHemy npegeny. Ho torma us nostyuaem: y(t) € CY([0;T], B),
y'(t) = A(t,y(t)) upu Beex t € [ty,to + T, y(to) = yo, 9T0 U TpebOBATIOCH. A

Buauenue jeMMbl [2] B TOM, 9TO BOIPOC O CyIIECTBOBAHUKM U €IMHCTBEHHOCTH DPEIICHHUS 3aa41
Kommu (3) (mmm (2)) Ha KOHEIHOM OTpE3Ke CBOMUTCS K AHAJIOTUIHOMY BOIIPOCY /IS HHTETPAJIbHOTO
ypasuenust (4)).

Kak HETPYAHO JO0Ka3aThb (CM. 3a1aTy , JAHEIHOe IIPOCTPAHCTBO
Bto,T = O([to, to + T], B)
ABJISIETCS OAHAXOBBIM OTHOCHTEIHHO HOPMBI

1yllg,,r = sup [ly(®)]]- (7)
tE[to,t0+T]

CJIQ,HOB&TGJH)HO, JJIA CbI/IKCI/IpOBaHHOI‘O 3JIEMEHTa 2g € B «mojiocay

B o = U(t) €Bror | sup [ly(t) =zl < R
tE[to,t0+T]

SBJIIETCS 3aMKHYTBIM IIApOM B GaHAXOBOM IPOCTPaHCTBe By, 1, a cienoBaTe/bHO, IOJIHBIM METPHU-
YEeCKUM MIPOCTPAHCTBOM OTHOCUTETHHO PACCTOSHUSI, TOPOXKJIEHHOIO HOPMOi ||. ||Bt0’T. 3/1ech mapamer-
pol tg = 0, 20 € B, R > 0 npon3BOJILHBI.

Jlemma 3. Ilycrs tg > 0, R > 0, yo € B upoussosbubl. Torma mainércs Takoe 1" > 0, 1ro

npu Beex T € (0, 7"] pererne unTerpaibHoro ypasHenus (4)) #a mpomexyTke [tg, to+ T cymectByer

R

to 0.1 (Mapivu ciioBaMu, nHTErpajbHOE ypaBHEHUE nMeeT HEKOTOPOe

R
t0,Y0,1"

1 eJIMHCTBEHHO B Kjiacce B
pellieHre Ha MPOMEKYTKe [tg, o + 1’|, upuHajexaiiee MHOKecTBY B a JIDyI'uM pelreHuii u3
2M020 MHOICECBA YPABHEHNE He UMeeT. )

Zloxazameavcmeo.

JList moKazaTebCTBa BOCIIOJIb3YEeMCs METOIOM CKUMAIOMINX oToOpaxkKenuit. Breém oreparop
Ato,yO,T : BtmT - IBgl‘/o,T

(aBucsmwmii ot tg = 0, yo € B, T' > 0 Kak oT napamerpos) 1o ¢GpopmyJie

t

Ay yorz = Yo + / A(r, z(1)) dr. (8)

to
(TOT (baKT, YTO IIPpU KazKA0M 3HAQYEHHUU ITapaMeTpPOB 3TOT OlIepaTop ,H‘GIL/'ICTBI/ITGJH:;HO CTaBUT KazKJ/IOMY
3JIeMeHTy OaHaxoBa IPOCTpaHCTBa B, r HEKOTODBIIl 3JIEMEHT TOIO Ke IIPOCTPAHCTBA, CJICLyeT U3
JIEeMMBI |1| 1 HENIPEPBIBHOCTU MHTETPaJia C IMePEMEHHBIM BEPXHUM IIPEJIE/IOM OT OrPaHUYeHHON (hYyHK-

I1n. )



Hawm nazo Beibpars 7" takum obpasom, 4rober npu Beex I € (0,77] a) oneparop Ay, r 0T0O-

R
to,y0,1"

MHOXKECTBE CKUMaOIMM orieparopoM. (B jrasbHeiinenm jjisi COKpallieHns 3aiucu mapaMeTpsl tg, Yo,

pazKa.Ji Ka)K,HbeI JIeMEHT MHOKecTBa B CHOBa BO MHOXKECTBO BtRO vo,T n 6) ABJIAJICA B 9TOM

T y oneparopa A omyctum.)

s a) mpoBeiém OreHKy

t
< sup [A(T, 2(r)) || d7 <

[A2(t) = yollB,yr =  sup
te[t(),to-i-T] to

te [to ,to +T]

/ " A(r () dr

to

to+T
< / |A(T, z(m))||dr <T sup AL, s).

to t € [0;t0 + T
s € [0 ]lyoll + R

s 6) mpoBesém OIeHKy

[Az1(t) — Az (t)|le,, » = sup
tG[to,to—l—T]

<

/tA(T, 2 (1)) dr — /tA(’T, 2o(T)) dr

to to

< sup [A(T, 21(7)) = A(7, z2(7)) [l dT < /0 [A(T, 21(7)) = A(7, za(7))[|dT <

telto,to+T] Jto to

/N

[ nmmastia @l Il - =0 ar <

to

<T sup :u(ta S)”Zl - ZQHB::O,T‘
t € [0;to + T

s € [0; [lyoll + R]

Urak, 1y1a BinosHenns ycsosuit (a), (6) npu HekoTopoM 1’ 10CTATOMHO, ITOObI /1711 9TOr0 1’ BBIIOJI-
HSAJIUCH YCJIOBUST
)
T sup A, s) <R,
t € [0;to + T
s € [0; llyoll + ]
(9)

T sup  p(t,s) <
t € [0;¢0 + T

N —

L s €[0;[lyoll + BRI

Ham Tpebyercs, 4To0BI ye/1oBuA @ BoinosHsmch npu Beex T € (0, T"] mus mekoroporo T”. Beibepem

cHavasia T’ pousBo/bHO, 3areM noadoepéM 17 < T Ttakoe, 4To

(T sup At s) <R,
t € [0;to + T

s € [0; |lyoll + R]

(10)

N | —

T sup  p(ts) <
t € [0;to + T)

L s €[0]lyoll + R]



(3TO MOXKHO CfleJIaTh, TIOCKOJIBKY Tpu (hukcupoBanHoM T’ B JieBbIX dacTsx oboux nepasercts ((10) 77

YMHO2Ka€TCA Ha KOHCT&HTy). Ho TOI'Ja TEM boJtee

(T"  sup A, s) <R,
te[05to + T
s € [05lyoll + R]

T s plts) < g
t € [0;to + T

\ s €0yl + R]

a TakyKe

(T  sup At s) <R,

t € [05t0 + T

s € [0 [lyol| + R]

1
Toswp ot <2
t € [0;to + T 2

L s €[0;]lyoll + R]

mtst iioboro T' € (0,7”]. Teneps yTBep:KieHIE JIEMMBI BHITEKAET U3 MPUHIAIA CZKIMAIONIX 0TOOPa-
JKeHuil. A

B cuny nemmbl 2 pe3ysabTaT 1eMMBI [3| TOJTHOCTHIO TTepeHocuTes Ha 3a/1a1y Ko . Cdopmyn-
DPyeM COOTBETCTBYIOIIEE YTBEPXKICHIUE.

Jlemma 4. Ilycts tg > 0, R > 0, yg € B dukcupoBanbl mpou3BosibHbIM 00paszom. Torna naiinéres

takoe 7" > 0, aro miag seex T € (0,7"] pemenue 3amaan Kommu (3)) Ha mpomexyrtke [tg,to + T

R

CYIIECTBYET U €JIMHCTBeHHO B Knacce By .

I[IpsiMo ceiigac BBIBEJEM OTCIOMA YTBEPZKICHUE 00 OTCYTCTBUM «PAa3BETBJICHMII» pelleHus 3a1a-
an ().

JIemma 5. Ilycts yy(t), yo(t) — pemenns 3amaan (2)) cOOTBETCTBEHHO Ha MpOMeXKRyTKax Ti u Ta.
Torja OMHO U3 STUX PEIIeHUH ABJIAETCS TIPOJOJZKEHUEM JIPYroro (B 9aCTHOCTH, OHU COBIAJIAIOT,
ecmn T; = Ts).

Joxazameavcmeo. 1lpeanosokuM poTUBHOE:

yi(t) # y2(t) maTi0 T

Paccmorpum MHOXKECTBO

T ={eTinT | nt) £ y(t)}.

Cpasy samernm: 0 ¢ T7 (B ey HAYAIBHOTO YCIOBHS 3aJ1a9H ) Jlastee, MHOMKeCTBO T 7 OTKPBITO
KaK MOJMHOXKeCTBO T1 M7, MOCKOIBKY ABJIsieTCs TpoobpasoM MHOKecTBa (0, +00) IIpu HEPEPHIBHOM

orobpaxkenun t — ||y;(t) — ya(t)||, onpenenénrom ma T N Ty. [lomoxum

T = inf T7.



Bamernm: T* ¢ T7 (cnemosarensno, y1(T*) = y2(T*)). B camom geme, ecim T = 0, 310 yxKe
nokazano panee. Eciu ke T > 0, To T* — rpaHndHasl TOYKa MHOXKECTBA 7T 7, a CJI€JI0BATEIbHO,
T ¢ T’S, [IOCKOJIBKY 3TO MHOYKECTBO OTKPBITO B 71 NT5. 3HauuT, B JIF000I IIPABOI TOJIYOKPETCTHOCTH
Toukn 1 cymecTByer Takoe t; > T*, uto t; € T7 C Ty N Ta, IpudéM Hepecedenne Jo0oi mpaBoil
IIOJIyOKpeCcTHOCT! Todkn 1™ ¢ T7 HemycTo.
B cuny 3ameuanus 2] dyukimm yy (f) u yo(t) sBasiores: pernennsyu 3a1aan Korm
{ y'(t) = Alt,y), t=1T7

11
y(T7) =y (T7) )

Ha nipoMmexkyTke [T, ¢1]. B cuny menpepsiBrOCTH 1 (1), Y2(t) nMeem

Riy =max sup |lyi(t) — y(T7)]] < +o0. (12)
=12 e[ 1]
B cuy siemmnt 4] cymectByer takoe T > 0, uro jyis yioboro 1" € (0, 1"] perenne 3amaqu Kommn ((11))

Ha npomexxyTke [T, T* + T, yaoBreTBopsiioliee yCI0BHIO

ly(t) — (T < R, (13)

enuacTBeHHO. B3siB T = min(7",t; — T™), mosyunmM IpOTHBOpEYNe, MOCKOIBKY B CHITY yCJI0-
BHUE BBITIOJTHEHO, & Y1 Z Yo B JIFOOOI IpaBoii mosryokpectHocTn 1. A

Tenepb MbI rOTOBBI ¢POPMYJINPOBATEL U JOKA3aTh OCHOBHYIO TEOPEMY 3TOI JICKIIUH.

Teopema 1. (O HenpogomkaemoMm pertennu.) CymecTByer 1 eJIMHCTBEHHO HEIPOIO/IZKAEMOE
pemenne §(t) € C*(To; B) 3anau Komu (2)). OHo yaoB1eTBOpseT ciey omuM yeIoBIsM:
1) To = [0;Tp), 0 < Ty < +o0;
2) B ciaygae Ty < 400 BEPHO IIPEJIEJIbHOE COOTHOIIEHUE

im [[5(0)] = +oc; (14)

3) Besikoe JIpyroe perienne 3ajaqu (2]) siBiisiercst orpanndenuem perenns §(t) #Ha mpomexyTok T C To.

Bamevanue 4. B ciyaae Ty = +00 coorromenue limg 4o [|7(t)|| = +00 MOzKeT Kak BBIIOIHATHCS,
TaK M He BBIIOJHITHCH.

Jloxazameavcmeo. B cuiy semmbl [4| cymecrsyer pertenue 3aja4un Komn ([2)) xorst 661 HAa HEKO-
topom orpeske [0, 7]. B cusy stlemmbr 5| u3 Jir00bIX JBYX pernenuii 3agadn Ko OJIHO SIBJIAETCSI
IPOJIOJIZKEHUEM JIPYTOTo (B YaCTHOCTU, OHU MOI'YT COBIAJIATD).

Paccmorpum tenepn g Kaxgoro T > 0 see dynkmuu nz C1([0;T]; B). Cpeau HUX win ecThb

pelleHre 3a,1a49n Ha npomexyTtke [0; 7|, i uer. [Tomoxkum
T = {T > 0 : 3 pemenne zanaau (2) nz C*([0;T),B)}, To=-supT.

Ecu Ty = +00, To cymecrsyet pemenne (1) € C([0; +00), B). B camom ziejie, BoiGupast 1oc/iejiosa-

TEJIBLHOCTH 1), T 400 M COOTBETCTBYIONIYIO €l MOCJIeI0BATEIBHOCTD pertenuit {y, (t)}, B cuity meMmbl
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[OJIYYUM, UTO IIpH Bcex n € N perrenne y, .1 €CTh POJIOJIYKeHNe peltenusd y,. [losromy dynkims

yn<t)7 t e [Tn—l;Tn)a n 2 27
yl(t), t e [O, Tl)

y(t) =

1 OyJIeT HeIPOJIOJIZKAEMbIM pellleHneM, onpe/ieJéHubiM Ha [0; +00). Ipyrux e perenuil (He ¢BO/Is-
MUXCsT K OTpaHuYIeHuio §(t) Ha MEHbIIHH IPOMEXKYTOK) He Oy/IeT B CHIIY JIEMMBbI .

[Iycrs Tenepn Ty < +oo. Torma runorerndeckn BO3MOXKHBI jiBa ciaydas: a) Ty € T; 6) Ty ¢ T.

B ciyuae a) cymecrsyer pemenne y(t) € C([0; Tp), B). Ho Torna 5 cuy semmbt [, nprnvenénnoit
K 3aga4e (3) ¢ tg = Tp, perieHne MOXKHO IPOJIOJIZKUTE 3a TOUKY Tp, IpUIéM 06€ OJHOCTOPOHHUE PO~
usBosiHbte Y (To) n y (Th) 6yayr cymecrsosars n pasusaTbea A(Ty; y(1y)): geBas — 110 OLpe/IICHHIO
perrernst Ha [0; Tp|, mpaBast — 1O OIpeJIEJIEHUIO PellleHnst 3aa9u KoIm ¢ Ha9aaoM MpOMeKyTKa B
touke Tp. Ciie1oBaTEIBHO, MBI HOJIYIUM DeIlleHre Ha OOJIbIIEM MTPOMEXKYTKE U IIPHIEM K IIPOTHBO-
peunto ¢ onpegesienneM Ty. Utak, ciaydail a) HCKIIIOUaeTCs.

B ciyuae 6) paccyKIeHUsIMU, aHAJOIMIHBIMUA HTPOBEACHHBIM st 1) = +00, yCTaHABIMBAEM
CYIIECTBOBANNE W ¢IUHCTBEHHOCTE pemtenns y(t) 3amaqan (2)) ma momyunnrepsaie [0;75). Coyuqait 6)
pacraaeTcs Ha JiBa [MOJICTydast:

(61) limy_,7_o||y(t)|| = +0o (T. e. pemenne HeOrpaHIIEHO B JIOOOT JTEBOI MOTYOKPECTHOCTH TOY-
ku 1p);

(62) T olly(t)] < +oo.

[Tokazkem, uro BapuanT (6y) ucK/IOUaeTcsa. B camom jeste, mycth yHKus y(t) orpaHndeHa B

HekoTopoM tnosyurTepsaie (1o — v; Tp):
AC = 0vte (Ty—v;To) |ly(t)] < C.
Torna B cuity (Ay) mveem

vt e (To — v To) AR y(@)] < sup At s) =: L.
t € [0; To]
s €10;C]

Ho Torja u3 ypaBHeHusl 3aJauu BBITEKAET, UTO NpOmM3BOJHAs y'(t) OrpaHUvYeHa MO HOpMeE Be-
mrauuoit £ upu t € (Ty — v;To): ||y (t)]] < L. Caenosarensro (cm. jeknmio 1), dynkmus y(t)
sunmur-senpepsiaa Ha (To — v;Ty), a 3HauwT, yjosiaersopsier B Touke Ty ciea yciaosuto Ko
Nrak, cymecTByeT 1pejies

Yo = lim y(¢t).

t—TH—0
Hoonpenermm dyrknuio y(t) B rouke Tj snavanuem Yy. [lonyuennas Gynknus Y (t) Oymer HempepbIB-
Hoit B Touke Ty ciea. Torma B cuity jiemmbl 1 910it geknun dyuknusa A(t, Y (t)) Toxke HenpepbiBHA
B TouKe 1)) ClieBa, a CJIe0BaTebHO,

lim A(t,y(t) = lim ALY (1) = A(To, Vo). (15)

t—To— t—To—0
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Ho nockousibky nipu t < Ty BepHo pasenctso y' = A(t,y(t)), u3 [IOJIy9aeM COOTHOIIIEHHE

lim y/(t) = A(To, Yo). (16)

t—To—

OJiHAKO OTCIOJIA B CHJLY JIEMMBI O MPOJIOJIXKEHUH B TOUKY CjiejyeT, uro GyHKius y(t) mpogozKuma
¢ [0;Ty) na [0;Ty) ¢ coxpanenunem menpepbiBHOil nuddepernupyemoctu (0603HAUUM MOy I€HHY IO
dbyukmmo wepes Y (t)), npuuém Y'(Ty) = A(Ty, Yo), 1. e. Y () — pemenue nHa [0, Ty] 1 MBI IPUXOIM
K IPOTUBOPEYHIO ¢ yesoBueM ciaydasi (6) (pemenust Ha [0; Tp| He cymecTByer).

Takum obpazom, ipu Ty < +00 peanusyercs JUib ciaydail (61):

limy |y (t)[| = +oo. (17)
3. YcTaHoBUM Telepb, 9TO UMEEeT MeCTO OoJjiee CUJILHOE, YeM , COOTHOIIIEHUE

lim [y (t)]| = +o0. (18)

t—To—0

Nrak, Tpebyercs J0Ka3aTh:
VM > 030 >0Vt e (Ty—0;Ty) N[0;Ty) |ly(t)| > M.
[Tpe 1o 102KuM TPOTUBHOE:
AM > 0V6 >0 3t € (To — 6;To) N [0;Tp) |ly(t)] < M. (19)
Badukcupyem anciao M uz (19). B cuny (A4) Oynem nmers
Vt € [0;Tp), V2 € B (||lz]| <2M = |JA(t,2)|| < sup A(¢,s) =: E). (20)

t € [0; To]
s € [0;2M]

U3 u ypasaenus y'(t) = A(t, y) nomydaem:

Iy < E mpn [ly@) <2M, te0;Ty). (21)
BoiGepenm 0 < 124 u Bosbménm u3 ([19) coorsercrytomee ¢ = ¢*: [ly(t*)|| < M, Ty—§ < t*. B cuy
CYIIECTBYET TaKoe t** gro To—d < t* < t** < Ty u ||y(t™)|| = 2M. Ho Torma B cuity menpepbIBHOCTH

dbyuknuu y(t) («apoobpas 3aMKHYTOTO MHOXKECTBA 3aMKHYT» ) CYIIECTBYeT Takoe t*** € (t*; t**], uro
ly(E )l =2M, vt e (5¢7) |ly()]] < 2M,

OTKy/la B CHJLY
ly'(t)]| < E upm seex t € [t55¢™].

OzHAaKO B 9TOM CJIy4ae OJIHOBPEMEHHO
ly(#™) =y < 7" =] - E< - E <

[y (@) =y = [ly@) = lly (@)l = M

SE

-E <M (cm. mexrmio 1),

[\le—



[Toyuennoe nporuBopedne jgokasbiBaer ((18). A
Samevwanue 5. Oyuxus f(y) : By — By Ha3bIBaeTCS 02DAHUMEHHO AUNUUY-HENPEPLIEHOT, €CITH
cymectByer Takasg dyuknug pu(x) : [0,4+00) — [0, +00), orpaHnvueHHAs Ha KarXKJOM OrPAHUIEHHOM

MHO2KeCTBE, 9TO

Yy, 42 € By [[f (1) — f(y2)ll2 < plmax({lyally, lw2ll2)lly2 — g2l

Mupivu ciioBaMu, 910 (DYHKIWS, JIUIIIAI-HeIPepbIBHAs B KazKJIOM I1ape (BO3MOXKHO, CO CBOEH KOH-
crauroit Jlummmna).

Samevwanue 6. Oyuxnusa f(y) : By — By Ha3bIBACTCS A0KAALHO AUNUWUY-HENDEPLIGHOT, €CIIN
JUTsT KasKJI0i TOUKM Yy € Bj cymiecTByer Takas OKpeCcTHOCTh Bs(yp), B KOTOPOii JaHHast DyHKIH

ABJIAETCA JII/IHHII/IL[—HereprBHOI?’I, T. €.
Vo€ By 30 >0, 3L >0 Vyr € By [y —wolr <6 = [|f(y1) — f(wo)ll2 < Lilyr — wol|1-

B Teopeme purypupyer orpaHudeHHO JTUIIIUI-HEIPEPbIBHAA (DYHKITUA. YCJIOBHE JIOKAJIHHO JIUII-

IIUI-HEIPEPBIBHOCTH SIBJIAETCS Gosiee CaabbIM.
Samaun 1JIsi CAaMOCTOSITEJILHOTO PEIeHUsT
1. lokazars, uro smHeitnoe npoctpanctso B = C([a, b]; B), cHabkEHHOE HOPMOIT

lylle = sup [y@)],

t€la,b]

e B — 6aHaxoBO NPOCTPAHCTBO, sABJsIETCS OAHAXOBBIM ITPOCTPAHCTBOM.
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